THEOREM 2. Let s be a weak peak set for A. If Ue C(X), I UI = 1 on s and dist (U, A s ) < 1, then there exists a unimodular function U in C(X) such that U-U on s and άist(U,A) <1.
INTERPOLATION IN STRONGLY LOGMODULAR ALGEBRAS RAHMAN YOUNIS
Let A be a strongly logmodular subalgebra of C(X), where X is a totally disconnected compact Hausdorff space. For s a weak peak set for A, define A s = {fe C(X): f\ s eA \ s }. We prove the following: l Introduction* The purpose of this paper is to prove certain properties related to strongly logmodular algebras.
In their study of Local Toeplitz operators, Clancey and Gosselin [3] established one of these properties in a special case (H°°) under a highly restrictive condition. In [7] , the author proved this property for H°° without any condition.
In the present paper, we obtain this and another property for arbitrary strongly logmodular algebras. The proofs in [3] and [7] use special properties of H°° that are not shared by arbitrary strongly logmodular algebra. In the present work we use new techniques.
Let A be a strongly logmodular subalgebra of C(X), where X is a totally disconnected compact Hausdorff space. If s is a weak peak set for A, define Let A be a function subalgebra of C(X). A subset S of X is 248 RAHMAN YOUNIS said to be a peak set for A if there exists f in A such that / = 1 on S and \f\ < 1 off S. A set S is a weak peak set for A if S is an arbitrary intersection of peak sets for A. Let A' 1 denote the group of invertible elements in A and loglA" 1 ! = U°g i/l / βA" 1 }. A function algebra A is called a strongly logmodular subalgbra of C(X) if log I A" 1 
is equal to G B (X).
The reader is referred to [2] and [4] for many of the basic properties of weak peak sets and additional properties of function algebra and to [5] and [1] for discussions concerning strongly logmodular algebras.
Let A denote a fixed closed subalgebra of C(X) which contains the constants. Let B be a closed subalgebra of C{X) which contains A. We define B 1 to be the closed subalgebra of C(X) generated by A and {f 1 [1, p. 8] , which says that B x is the closed subalgebra generated by A and {b eB:b is an inner function}.
3* The main result* Throughout this section, A will denote a fixed strongly logmodular algebra on X, where X is a compact, totally disconnected Hausdorff space. Examples of such algebras can be found in [5] and [6] .
Let s be a subset of X which is a weak peak set for A. Define It is not difficult to see that dist (u, A s 
Our main result is as follows:
THEOREM 3.1. Let s be a weak peak set for A, and let u be in C{X) such that \u\ = 1 on s and dist (u, A s ) < 1. Then there exists a unimodular function u in C(X) such that u = u on s and dist (u, A) < 1.
In the special case of A = H°° (the Hardy space of the unit circle) the above theorem appeared in [7] which answers a question raised in [3] .
To prove Theorem 3.1, we need the following special case of [1, Theorem 4.1] .
THEOREM A. Let A be a strongly logmodular subalgebra of C(X) and J be an ideal in C(X), where X is a totally disconnected compact Hausdorjf space. Then the closure of A + J is a Douglas algebra.
Theorem 3.1 follows from the following fact, which is interesting in its own right. 3. Fix c>2||flr||oo, where βr is as in step (2) . Let E = |1 -fc| < l/6c}. There exists a clopen set TF such that
. On the set X\W we have |1 -h\ > δ, for some positive number δ. Let Qι = (c/2)l w + (11/6 + c)(l/δ)Z zw . Certainly, ^ e C(X)"
1 . Since A is strongly logmodular, there exists Ge^l" 1 such that log 10iI -log |G|. Thus |G| = c/2 on W and |G| = (11/6 + c)(l/δ) on The following corollary is a generalization of Theorem 3.2.
COROLLARY 3.3. If s is a weak peak set for A and f in C(X) such that f \ s is invertible in A \ Sf then there exists G in A Π G(X)~ι such that G -f on s.
Proof. The hypothesis that f\ s is invertible in A\ s shows that f(x) =£0 for all x e s. Let W be a clopen set of X such that f(χ) Φ 0 for all x in ΫF. The function fX w + 1 -Z^ 6 C(X)~1, so we can write it in the form vg, where veC(X), \v\ = 1 and grG A" 
